Four Corners

Two rectangles overlap as shown.

Their corners and intersections are labelled.
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Can you find a set of any four corners that lie on a common circle, besides {A, B, C, D} and {U, V, W, X}?

Is there more than one such set?

Hint: The angle in a semi-circle is a right-angle…

Solution:
This all rests on identifying potential circle diameters, on which the right-angles in the corners of the two rectangles may both sit…
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We take two points where consecutive sides of the two rectangles meet – e.g. H and F.

Then both HDF and HUF are right-angles, since they are corners of the two rectangles.

But they both sit on the same line segment HF.

Hence a circle, drawn on HF as a diameter, will contain both these angles as ‘angles in a semi-circle’.

Hence all four points H, D, U and F are on this same circle. As shown.

Similarly, G, U, C and E sit on a common circle, as do F, C, X and Y.

The complete diagram is shown below:
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